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Deviations in the trilinear self-coupling of the Higgs boson at 125 GeV from the Standard Model
(SM) prediction are a sensitive test of physics Beyond the SM (BSM). The LHC experiments
searching for the simultaneous production of two Higgs bosons start to become sensitive to such
deviations. Therefore, precise predictions for the trilinear Higgs self-coupling in different BSM
models are required in order to be able to test them against current and future bounds. We
present the new framework anyH3, which is a Python library that can be utilized to obtain
predictions for trilinear scalar couplings up to the one-loop level in any renormalisable theory.
The program makes use of the UFO format as input and is able to automatically apply a wide
variety of renormalisation schemes involving minimal and non-minimal subtraction conditions.
External-leg corrections are also computed automatically, and finite external momenta can be
optionally taken into account. The Python library comes with convenient command-line as well
as Mathematica user interfaces. We perform cross-checks using consistency conditions such as
UV-finiteness and decoupling, and also by comparing against results know in the literature. As
example applications, we obtain results for the trilinear self-coupling of the SM-like Higgs boson
in various concrete BSM models, study the effect of external momenta as well as of different
renormalisation schemes.
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Precision predictions for 𝜆ℎℎℎ in generic BSM models Martin Gabelmann

1. Introduction
Probing the self-interactions of the Higgs boson at 125 GeV found at the LHC is among the main

goals of current and future high-energy physics experiments. A useful way to describe deviations
in this coupling from the SM prediction is via the coupling modifier 𝜅𝜆 =

𝜆ℎℎℎ

𝜆
(0) , SM
ℎℎℎ

, i.e. the prediction

for the trilinear self-coupling of the SM-like Higgs boson in a given BSM model, at a given order
in perturbation theory, relative to the tree-level prediction for the trilinear Higgs self-coupling in
the SM. 𝜅𝜆 is known to be very sensitive to BSM effects and can easily deviate by several hundred
percent from 1 if higher-order corrections are taken into account [1, 2]. The current experimental
constraints on 𝜅𝜆 via gluon- and vector-boson-fusion induced double-Higgs production (including
also information from single-Higgs processes) are rather limited, −0.4 < 𝜅

exp.
𝜆

< 6.3 [3], but better
constraints are expected at the high-luminosity LHC (HL-LHC), 𝑖.𝑒. 0.1 < 𝜅𝜆 < 2.3 [4] for the
case of the SM. In the context of the Two Higgs Doublet Model (THDM) it was shown in Ref. [5]
that current limits on 𝜅𝜆 can be used to constrain the BSM parameter space that would otherwise
be allowed by all other state-of-the-art experimental and theoretical constraints. It is to be expected
that many more models will be probed by this new type of experimental constraint.

A quite large number of one- and two-loop studies for 𝜅𝜆 in supersymmetric (SUSY) [6, 7]
as well in non-supersymmetric [1, 2, 8] extensions of the SM exist. However, only a tiny fraction
of these results can be conveniently evaluated using public tools, such as H-COUP [9], BSMPT [10]
or NMSSMCALC [7]. On the other hand, there are many other BSM models for which higher-order
predictions for 𝜅𝜆 are missing. Furthermore, the difficulty in a consistent and reliable computation
of 𝜅𝜆 increases rapidly with the complexity of the considered model. This strongly motivates the
automation of the calculation of 𝜅𝜆 including higher-order corrections.

In these proceedings we summarise the new tool anyH3which has been introduced in Ref. [11].
The program is capable of computing all spin 0, 1, 1/2 self-energies as well as all scalar one-, two -
, and three-point functions at full one-loop level in arbitrary renormalisable theories. Therefore,
it contains all ingredients to obtain one-loop predictions for the renormalised trilinear Higgs self-
coupling in a large class of BSM models and renormalisation schemes.

2. Generic 𝜆ℎℎℎ calculation
In the following we briefly review the ingredients for a generic calculation of 𝜆ℎℎℎ. For

a more detailed discussion see Ref. [11]. We compute the renormalised three-point function
Γ̂ℎℎℎ (𝑝1, 𝑝2, 𝑝3) diagrammatically. Intermediate steps such as e.g. the tensor reduction at the level
of a given model can be very time-consuming but at the same time are quite repetitive. For this rea-
son, we performed the calculation of all possible Feynman diagrams using a generic renormalisable
lagrangian: We assumed the most general Lorentz, coupling and mass structures. The resulting
generic expressions depend on (scalar) loop functions, masses and generic couplings, which are
mapped onto the concrete model under consideration at run-time. The vertex counter-term is con-
structed in an automated way from the tree-level coupling and can take into account contributions
from on-shell (OS) mass and electroweak vacuum expectation value (VEV) counterterms. If the
tree-level prediction additionally depends on e.g. mixing angles, which by default are renormalised
MS, it can be useful to define custom (user-provided) renormalisation conditions.
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3. The anyH3 (anyBSM) library
The installation steps are explained in the anyBSM online documentation:

https://anybsm.gitlab.io

which also contains further information and concrete examples. All information about the model
is stored using the UFO format [12]. The SM-like Higgs boson (and all other SM particles) can
either be specified by the user or be automatically determined based on their PDG ID and numerical
mass values. For the renormalisation, the user has to specify which fields and parameters are
renormalised OS or MS, or to define their own custom counterterms.

It should be stressed that our approach can in principle also be applied to the calculation of
other (pseudo) observables. Therefore, all initial steps described above and in Ref. [11] are actually
organised in a more general library, called anyBSM, which consists of several sub-modules. At the
end of the module-chain several classes can be defined, of which anyH3 is the first, making use of
all the tools provided by anyBSM to construct a UV-finite and consistent observable.

Code examples: Importing the main module, loading (for instance) the THDM-II UFO model
(which is shipped with the code) and computing 𝜆ℎℎℎ requires only three commands:

from anyBSM import anyBSM
THDM = anyBSM('THDMII')

THDM.lambdahhh()

By default, all external legs carry no momentum. This can be changed with appropriate arguments
and is demonstrated in Section 5.

Command-line interface: Calling e.g., the command “anyBSM THDMII” one can obtain the
same result as in the examples above. To list explanations of all possible options, one can add the
“-h” flag to the command.

Mathematica interface: The Mathematica interface is controlled in an analoguous way to the
Python library

<<anyBSM`
LoadModel["THDMII"]

lambda = lambdahhh[]

lambda["total"] - lambda["treelevel"]//.UVparts

where lambda consists of analytical rather than numerical results. The fourth line will evaluate
to zero after some trivial simplifications and is a nice demonstration of UV-finiteness, one of the
cross-checks discussed in the next section.

4. Code validation and mass-splitting effects
The code was validated by performing non-trivial cross-checks for all (currently 14) UFOmodels

shipped with the code. Among the strongest checks are UV-finiteness (see e.g. the example above)
and direct comparison with results available in the literature. Another consistency check is whether
the correct decoupling behaviour occurs. This is demonstrated numerically for a subset of models

3
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Figure 1: Left: Decoupling property of an excerpt of (UFO) models which are shipped with anyH3. Input
parameters as in Ref. [11]. Right: demonstration of mass splitting effects discussed in the text.

in Fig. 1 (left). However, away from the decoupling limit, phenomenologically interesting effects
can occur if 𝑒.𝑔. mass splittings are present. In the simplest such cases, the BSM particles receive
their mass entirely via their interaction with the SM-like Higgs boson 𝑀2

BSM ∝ 𝑣2𝜆ℎℎΦBSMΦBSM

implying large quartic couplings in the case of large BSM masses. This well-known effect [5] is
demonstrated for a variety of 𝑆𝑈 (2)𝐿 extensions in Fig. 1 (right), see Ref. [11] for more details. It
was checked (using a sub-module of the anyBSM library) that the models stay perturbative in the
shown ranges.

5. Momentum dependence in the THDM type I
In Fig. 2 we show the momentum dependence of 𝜅𝜆 in the THDM-I for two benchmark points

featuring 𝜅𝜆 < 6.3 (left) and 𝜅𝜆 > 6.3 (right). Since the integration of the total double-Higgs
production cross-section peaks around

√︁
𝑝2 ≈ 400 GeV one can expect that the conclusion for the

two points (allowed and disallowed, respectively) is not altered by the momentum dependent effects.
This is a test which now can be performed with anyH3 on a point-by-point basis.
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Figure 2: Dependence of 𝜅𝜆 in the THDM-I on the external momentum
√︁
𝑝2 for a parameter point with

small (left) and large 𝜅𝜆 (right). It is assumend that one external leg carries the momentum 𝑝 while the other
two legs are on-shell.
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Figure 3: One-loop prediction for 𝜅𝜆 in the real triplet extended SM.

6. Renormalisation scheme dependence in the TSM
The flexibility in the choice of different renormalisation schemes also allows one to estimate

the size of missing higher-order corrections. This is demonstrated in Fig. 3 (left) for the example
of the real-triplet extended SM (TSM). The triplet mass, entering 𝜅𝜆 at one-loop order, is either
renormalised OS (red solid) or MS (orange dashed). Thus, the difference of the two 𝜅𝜆 predictions,
here as a function of the doublet-triplet coupling, gives an estimate of the two-loop corrections. In
addition, we plot 𝜅𝜆 in dependence of the triplet mass 𝑀𝐻+ in Fig. 3 (right). The solid (dashed)
contours show the exclusion limit by the current LHC constraint (HL-LHC projections).

7. Summary
We presented the libraries anyH3 and anyBSM, which can be used to compute the trilinear Higgs

self-couplings in arbitrary renormalisable QFTs at the full one-loop order. The renormalisation
can be performed in an automated way in both MS and OS as well as custom schemes. We
extensively tested the program using different UFO models by checking UV-finiteness, reproducing
literature results and the correct decoupling behaviour — using different renormalisation schemes.
We have demonstrated that large corrections to the coupling modifier 𝜅𝜆 are possible in many BSM
scenarios featuring mass-splittings among the BSM states. We also obtain predictions for non-zero
external momenta, which can be incorporated into the computation of double-Higgs production
cross sections. Finally, we showed that the library can be used to obtain an estimate of the size of
unknown higher-order corrections in a fast and convenient way.
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